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#(¯K�)1 28Ï¥���Ø�ªKJÝp�`{,K8Xe:

¯K ®� x1 ≥ x2 ≥ · · · ≥ xn ≥ 0, y1 ≥ y2 ≥ · · · ≥ yn ≥ 0,�
n∑

i=1

xi =

n∑
i=1

yi = n,y²:

n∏
i=1

|xi − yi| < e
n
2 .

(U9¢�¥Æ)�²øK)

�á©�Ñþã¯K���{'�y².

y² ·�^8B{y²�r�·K:

ex1 ≥ x2 ≥ · · · ≥ xn ≥ 0, y1 ≥ y2 ≥ · · · ≥ yn ≥ 0,�
n∑

i=1

xi ≤ A,
n∑

i=1

yi ≤ A,

Kk
n∏

i=1

|xi − yi| <
(
A

n

)n

e
n
e . (∗)

·�é n8B.

� n = 1�, (∗)¤á.

� (∗)é�u n��/¤á,ey n���/.

Ø�� xn > yn,·�©ü«�¹.

1) e xi > yi,∀1 ≤ i ≤ n,(Üþ�Ø�ª�
n∏

i=1

|xi − yi| ≤
n∏

i=1

xi ≤
(∑n

i=1 xi

n

)n

≤
(
A

n

)n

,

�y.

2) e�3 1 ≤ u ≤ n− 1,¦�

xn > yn, xn−1 > yn−1, · · · , xu+1 > yu+1,� xu < yu.
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d�k
u∑

i=1

(xi − xu) ≤ A− uxu,

u∑
i=1

(yi − xu) ≤ A− uxu,

� xi ≥ xu, yi ≥ yu,∀1 ≤ i ≤ u.�d8Bb��,
u∏

i=1

|xi − yi| ≤
(
A− uxu

u

)u

e
u
e .

,��¡,
n∏

i=u+1

|xi − yi| =
n∏

i=u+1

(xi − yi) ≤
n∏

i=u+1

xi ≤ kn−u,

Ù¥ k =
∑n

i=u+1 xi

n−u .��y (∗),�Iy(
A− uxu

u

)u

e
u
e kn−u ≤

(
A

n

)n

e
n
e .

d xi(1 ≤ i ≤ n)�üN5�, xu ≥ k, A
n
≥ k,��Iy(

A− uk

u

)u

kn−u ≤
(
A

n

)n

e
n−u
e . (∗∗)

P f(x) = xn−u (A−ux
u

)u
,K

f ′(x) = (n− u)xn−u−1
(
A− ux

u

)u

− uxn−u
(
A− ux

u

)u−1

= xn−u−1
(
A− ux

u

)u−1 (
(n− u)

A− ux

u
− ux

)
= xn−u−1

(
A− ux

u

)u−1 (
(n− u)

A

u
− nx

)
,

� f 3 [0, (n−u)A
nu

]üN4O,3 [ (n−u)A
nu

, A
u
]þüN4~.

é u©ü«�¹.

i)e n ≤ 2u,K (n−u)A
nu

≤ A
n
,l

f(k) ≤ f

(
(n− u)A

nu

)
=

(
A

n

)u(
(n− u)A

nu

)n−u

≤
(
A

n

)u(
A

n

)n−u

=

(
A

n

)n

,

5¿� e
n−u
e > 1,l (∗∗)¤á.

ii)e n > 2u,K A
n
< (n−u)A

nu
,l

f(k) ≤ f

(
A

n

)
=

(
A

n

)n−u(
(n− u)A

un

)u

=

(
A

n

)n(
n− u

u

)u

. (1)

é f(x) = e
1
x
lnx¦�©ÛüN5B�, x

1
x ≤ e

1
e ,∀x > 0,� t = n−u

u
B�(

n− u

u

)( u
n−u)

≤ e
1
e ⇔

(
n− u

u

)u

≤ e
n−u
e ,

(Ü (1)�,d� (∗∗)¤á.

(Ü 1), 2)� (∗)¤á,u´·K�y. �

�� �öa��2ÉP����!

www.nsmath.cn 2


