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�	ÛÜ4à�,ØJuyÜ��¦� n�êLäkXe�
5�:

5� 1 lz�1w,z1���ê���ê��.

5� 2 lz1�/��ê0w,z1���ê´e�1���ê���ê

��.

5� 3 lz1�/��ê0w,�1���êTÐ´L¥��� n�ê,

= 1, 2, · · · , n.

=eee½½½ÂÂÂ>�Qã¯K�B,¡ A = {1, 2, · · · , n}¥�ê��ê,Kz1T

k���ê,=T1���ê.

=(((���ééé���>N�y²ù
5�Qºù�,�|^L��¤5Æ:2Â�

©S�.dd��,��Ù¥�Ü©��,/¤~5��©S�.

=ïïïááá444ííífff���>�1 11�ê´ a1,1 21�ê�8Ü´ {a2, b2},Ù¥

a2 > b2,@o a1 = a2 − b2.

�	 a2,§´1 31��üê��,� a2 = a3 − b3.Xde�,��éz�

ai (0 < i < n),Ñ�31 i + 11��üê���Ù��: ai = ai+1 − bi+1.u´,

bi+1 = ai+1 − ai.

UÜ,� b2 + b3 + · · ·+ bn = an − a1.P b1 = a1,K an = b1 + b2 + · · ·+ bn.

=ØØØ���ªªª������>¤±,

an = b1 + b2 + · · ·+ bn ≥ 1 + 2 + · · ·+ n =
n(n+ 1)

2
.

�w, an ≤ n(n+1)
2

,¤±, an = n(n+1)
2

,�¤kØ�ª¤á�Ò,¤±

{b1, b2, · · · , bn} = {1, 2, · · · , n}.

ùL²,5� 3¤á.
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du an, bn©O´1 n1���!��ê,§���´1 n− 11���ê,

= an−1 = an − bn´1 n− 11���ê.

2d bn−1´1 n− 11���ê,�� an−2 = an−1 − bn−1´1 n− 21�

��ê.Xde���,éz� 1 ≤ i ≤ n, ai, bi ©O´1 i1���!��ê,

5�1!2¤á.

=���			444ààà>ù
5��Øv±�OL¥kõ�1,�I��	L¥��

�eZ�ê (¡��ê)�©Ù.

¡=
ê��êQº·�Ï"?Ûü�ØÓ��ê���ýé���ê,

dd��½Â

B =

{
n(n+ 1)

2
− j

∣∣∣ 0 ≤ j ≤ n

}
¥�ê��ê,K�!�êäkXew,5�.

5� 4 ü�ØÓ��ê���ýé���ê.

¢Sþ,

|a− b| ≤ n(n+ 1)

2
−
(
n(n+ 1)

2
− n

)
= n.

5� 5 L¥Ø���1	,Ù{1��êÑ´e�1¥����ê���

�ê��.

¢Sþ,� x´�ê,K x = a− b,Ù¥ a, b´e�1¥��üê.

XJ aØ´�ê,K

a <
n(n+ 1)

2
− n, x = a− b < a <

n(n+ 1)

2
− n,

gñ.

XJ bØ´�ê,K

b > n, x = a− b < a− n ≤ n(n+ 1)

2
− n,

gñ.

*	L¥¤k�ê� �,uy§©Ù3�¡eZ1¥.�
(½=
1¥

k�ê,�Ú\�½ëê.

=���½½½ëëëêêê>��ê1 i1Ø¹�ê,§�du�ê1 i1���ê�Ø

´�ê,= an−i+1 <
n(n+1)

2
− n (∗)

=¿¿¿©©©^̂̂���>e¡é��¿©^�,(½ i3N�������,Ø�ª

(∗)7½¤á.

Ï� an−1 = an − bn, an−2 = an−1 − bn−1, · · · , an−i+1 = an−i+1 − bn−i+2,�
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ª�\,�

an−i+1 = an − (bn + bn−1 + · · ·+ bn−i + 2)

≤ n(n+ 1)

2
− (1 + 2 + · · ·+ (i− 1))

=
n(n+ 1)

2
− i(i− 1)

2
.

u´Ø�ª (∗)¤á���¿©^�´ i(i−1)
2

> n,)� i > 1
2
+
√
2n. ù�,é

¤k i > 1
2
+
√
2n,�ê1 i1���ê�u����ê,l¤k�êÑ©Ù

�¡
[
1
2
+
√
2n
]
1.

=OOOêêê>d5� 4��,1 n1�õk 2��ê��,ÄK1 n− 11��

kü��ê,gñ.u´1 n1�õk 2 + [n−2
2
] = 1 + [n

2
]��ê.

d5� 5��,1 n− 11�õk 2��ê,�kü��ê�7½��.¢S

þ,�1 n1����ê� x,K1 n− 11��ê� A− x,Ù¥ A´1 n1¥

� x����ê.�� x����ê�õk 2�,�� xüý�êÑ´�ê�,

1 n− 11� 2��ê7½��.

XJ1 n − 21k 2��ê,K1 n − 11����êüý�êÑ´�ê,

�1 n− 11ü��ê�7½��gñ,¤±1 n− 21�õ���ê.

Xde�,��Ù§�1Ñ�õ���ê.

��êÑ©Ù3�¡ i1 (i ≤ 1
2
+
√
2n) ,¤±�ê�o�ê:

S ≤ (1 + [
n

2
]) + 2 + (i− 2) = i+ 1 + [

n

2
] ≤ 1

2
+
√
2n+ 1 +

[n
2

]
.

q S = n+ 1,¤±

n+ 1 ≤ 3

2
+ +

[n
2

]
≤ 3 + n

2
+
√
2n.

�©1,� n− 1 ≤ 2
√
2n.)� n ≤ 9.

5 �Z��O´ n ≤ 5,lÑ.

=###���>�Lk n1,1�1�ê´ a1 = b1,�g�Äz� ai−1 (2 ≤ i ≤

n),Ñk1 i1�ü���ê ai, bi,¦ ai−1 = ai − bi.u´, bi = ai − ai−1.UÜ,

�

an = b1 + b2 + · · ·+ bn ≥ 1 + 2 + · · ·+ n =
n(n+ 1)

2
.

� an ≤ n(n+1)
2

,¤±, an = n(n+1)
2

,¤kØ�ª�Ò¤á,

{b1, b2, · · · , bn} = 1, 2, · · · , n.

¡Ø�u n�ê��ê,Ø�u n(n+1)
2
− n�ê��ê,K1 i1Tk��
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�ê,� bi,� bi´1 i1���ê.

w,,ü�ØÓ��ê���ýé���ê¶L¥Ø���1	,Ù{1�

�êÑ´e�1¥�ê��ê��.

du an, bn©O´1 n1���!��ê,¤±§��� an−1 = an − bn´

1 n− 11���ê.

2d bn−1´1 n− 11���ê,�� an−2 = an−1 − bn−1´1 n− 21�

��ê.

Xde���,éz� 1 ≤ i ≤ n , ai´1 i1���ê.

� i > 1
2
+
√
2n,Kd

an−1 = an − bn, an−2 = an−1 − bn−1, · · · , an−i+1 = an−i+1 − bn−i+2,

�

an−i+1 = an − (bn + bn−1 + · · ·+ bn−i+2)

≤ n(n+ 1)

2
− (1 + 2 + · · ·+ (i− 1))

=
n(n+ 1)

2
− i(i− 1)

2
<

n(n+ 1)

2
− n,

an−i+1Ø´�ê.

l�êÑ3� [1
2
+
√
2n]1.

´�,1 n1�õk 2��ê��,ÄK1 n − 11��kü��ê,gñ.

u´1 n1�õk 2 + [ (n−2)
2

] = 1 +
[
n
2

]
��ê.

?,1 n− 11�õk 2��ê,�kü��ê�7½��.¢Sþ,�1

n1����ê� x ,K1 n− 11��ê� A− x,Ù¥ A´1 n1¥� x�

���ê.�� x����ê�õk 2�,�� xüý�êÑ´�ê�,1 n− 1

1� 2��ê7½��.

d	,XJ1 n − 21k 2��ê,K1 n − 11����ê�üýÑ´�

ê,�1 n− 11ü��ê�7½��gñ,¤±1 n− 21�õ���ê.

Xde�,��Ù§�1Ñ�õ���ê.

��êÑ3� [1
2
+
√
2n]1,Ùo�ê:

S ≤ (1 +
[n
2

]
) + 2 + ([1/2 +

√
2n]− 2) ≤ 3 + n

2
+
√
2n.

q S = n+ 1,¤± n+ 1 ≤ 3+n
2

+
√
2n.)� n ≤ 9.�Ü�^�� 2018�êL
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